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Abstract—Traditional vehicle localization methods, such as
visual simultaneous localization and mapping, often struggle
underwater, especially under conditions like motion blur and
low light. To address these challenges, this paper presents a
novel multi-modal fusion system for underwater localization
that integrates hierarchical uncertainty awareness (UA) into
the acoustic/visual/inertial/pressure (AVIP) fusion framework,
termed UA-AVIP, to achieve robust and accurate localization.
The Doppler Velocity Log is introduced for reliable scale in-
formation and pressure sensor for water-depth measurements.
A dual-framework approach is introduced to parallelize the
fusion of acoustic and pressure data in an Extended Kalman
Filter framework with the integration of visual and inertial
measurements via a visual-inertial system. The final estimates
are subsequently unified through factor graph optimization.
Furthermore, a hierarchical UA strategy is developed to effec-
tively manage uncertainties at multiple levels within the dual-
framework fusion. At the measurement level, noise variance is
adaptively estimated through spectrum analysis. At the module
level, a deep learning-assisted sub-model enhances acoustic and
pressure estimation. At the system level, an adaptive weighting
strategy within the factor graph addresses dynamic uncertainties.
Both self-collected and open-source datasets in the pool, lakes,
and oceans under distinct scenarios are used to train and
validate the effectiveness and superiority of the proposed UA-
AVIP system. The results underscore the critical importance of
UA in underwater localization. The source code is available at
https://github.com/HKPolyU-UAV/UA-AVIP.

Index Terms—Uncertainty awareness, Multi-Modal fusion,
Deep learning-assisted estimation, Underwater localization, Un-
derwater vehicles.

I. INTRODUCTION

UNDERWATER vehicles serve as intelligent tools for
marine development with their advanced environmen-

tal perception, robust payload capabilities, and high system
stability [1], [2]. Equipped with sophisticated sensors, under-
water vehicles facilitate both instrumental measurement and
situational awareness in underwater environments [3]–[5]. In
particular, the precise localization forms the foundation of
reliable underwater exploration [6]. One of the most effective
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approach for achieving accurate localization is Simultaneous
Localization and Mapping (SLAM) [7].

Relying on visual features, traditional visual SLAM and
visual inertial navigation system (VINS) perform well for
aerial and ground applications [8]. However, the underwater
localization presents significantly greater challenges due to
several unique environmental factors. Firstly, the light atten-
uation and suspended particles in underwater environments
severely degrade the visual quality [9]. Therefore, visual
estimations under constrained optical conditions require un-
derwater adaptations [10]. Secondly, underwater environment
variables, such as currents and tides, can result in unpre-
dictable vehicle vibration [11]. The above dynamic conditions
can lead to accumulated drifts in localization estimates based
on the inertial navigation system [12]. Moreover, underwater
vehicles lack access to the Global Positioning System, which
further poses localization challenges [13].

Based on the above issues, developing a localization method
suitable for harsh underwater environments is a crucial issue
that urgently needs to be addressed in the field of underwater
robotics. A promising solution for underwater localization is to
fuse multi-modal information for optimal estimates [14]–[16].
Nevertheless, multi-modal fusion is subject to hierarchical
uncertainties arising from measurement noise, odometry mod-
ule estimation, joint optimization, etc. Effectively managing
these uncertainties is crucial for achieving robust and reliable
localization in underwater environments.

For multi-modal fusion-based localization, existing meth-
ods have integrated additional sensing modalities with vi-
sual/inertial (VI) estimation to enhance performance. For
example, Ou et al. [6] developed a hybrid vision system based
on an active vision device. Moreover, Joshi [7] and Rahman
et al. [14] introduced range measurements from a scanning
sonar and depth measurements from a Pressure Sensor (PS)
to complement visual inertial odometry (VIO). Furthermore,
Wang et al. [17] explored graph-based localization by fusing
multi-source acoustic measurements, specifically a Doppler
Velocity Log (DVL) and an imaging sonar. The initial pose
was derived from dead reckoning (DR) by fusing DVL, Inertial
Measurement Unit (IMU) and PS. While above methods
have demonstrated promising results on self-collected datasets,
certain challenges remain. First, environmental adaptability is
limited. The work by [6] did not address the localization in
natural environments, such as lakes or oceans. Second, ro-
bustness against modality-specific failure is often overlooked.
Notably, [7] and [14] did not investigate scenarios involving
limited visibility or experiments with visual failures, which are
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common in underwater settings. Conversely, [17] employed
sonar without visual measurements, the lack of visual integra-
tion may limit reliability when acoustic interference occurs.

For uncertainty awareness (UA) in underwater localization,
some works have addressed noise estimation and outlier detec-
tion [18]–[22]. For instance, Zhang et al. [18] integrated noise
estimation into kinetic control for subsea instrumentation.
Similarly, Wang et al. [19] and Bian et al. [20] advanced
filtering algorithms to mitigate measurement biases. However,
[18]–[20] primarily modeled uncertainties at the measurement
level alone. Specifically, [18] was restricted to short-range
electromagnetic applications, while [19], [20] did not consider
uncertainties in the odometry estimation or the joint optimiza-
tion within multi-modal fusion. To explicitly model uncertain-
ties of the graph system, [22] employed a probabilistically
consistent approach for state estimation. Noises and bias states
were incorporated as nodes in the factor graph. Although bias
trajectories alongside the vehicle state were jointly estimated,
this method relied on the still-water assumption, rendering
flow-derived velocity measurements invalid in real dynamic
environments with ocean currents.

As demonstrated by above works, both multi-modal fusion
and uncertainty-aware method have been shown to substan-
tially improve localization performance. Nevertheless, few
works investigate localization uncertainties, especially from
a hierarchical perspective. To address this gap, our objective
is to fully integrate the hierarchical UA into the Acous-
tic/Visual/Inertial/Pressure (AVIP) fusion system, say UA-
AVIP, to achieve underwater localization in diverse scenarios
with reduced localization error. Compared with previous stud-
ies, the main contributions of this work are as follows.

1) A novel multi-modal fusion system, termed UA-AVIP,
is proposed for underwater localization. Unlike the methods
in [6], [7], [14], [17], the proposed UA-AVIP introduces a
dual-framework architecture which incorporates DVL, stereo
camera, IMU, and PS. The system employs the Extended
Kalman Filter (EKF) to tightly integrate acoustic and pressure
measurements, while leveraging VINS to handle visual and
inertial data. These two complementary frameworks are seam-
lessly coupled through the factor graph optimization (FGO).

2) An uncertainty-aware method that operates on different
levels is designed, which enables more accurate localization.
Compared to methods in [18]–[22], which only manage mea-
surement noises, the proposed method achieves hierarchical
awareness. Specifically, at the measurement level, the noise
variance is dynamically estimated through spectrum analysis.
At the module level, deep learning-based refinement is imple-
mented for acoustic and pressure estimation. Meanwhile, we
employ an adaptive weighting strategy at the system level to
facilitate robust modal fusion within the FGO.

3) Extensive real-world experiments conducted in the pool,
lakes, and open oceans validate the effectiveness and superior-
ity of the proposed underwater localization system. In contrast
to prior work that relied primarily on simulations or controlled
indoor environments (e.g., [6], [18], [22]), the present system
undergoes a comprehensive evaluation in diverse and chal-
lenging conditions. The results demonstrate the robustness and
high precision when UA is incorporated.

Pressure Sensor IMU

DVLStereo Camera

NUCAprilTag

Fig. 1: Mechatronic design and sensors of the underwater
multi-modal system.

II. PRELIMINARIES AND PROBLEM STATEMENT

Given an underwater vehicle with UA, the dual-framework
system provides the state estimation for localization. Acoustic
and pressure measurements are fused to estimate vehicle
poses based on the EKF framework while augmenting the
VINS framework in scenarios with sparse visual features. An
hierarchical method is constructed to account for uncertainties
at various levels. This section provides fundamental concepts
and states the problem described.

A. Notations

To evaluate the real-world performance, an underwater
multi-modal system is designed, as shown in Fig. 1. The sensor
suite comprises the DVL, the stereo camera, the IMU, and the
PS, which are denoted as A, V , I, and P , respectively.

The state of the underwater vehicle is defined as

x =
[
Wp⊤

I ,Wq⊤
I ,Wv⊤

I ,b
⊤
g ,b

⊤
a

]⊤ ∈ R3×SO(3)×R9, (1)

where WpI , WqI and WvI represent the position, orientation
and velocity in the inertial frame I with respect to the world
frame W , respectively. bg and ba are the biases of the
gyroscope and the accelerometer. SO(3) denotes the Special
Orthogonal Group. The transformation from I to W is

WTI =

[
WRI WpW,I
0 1

]
∈ SE(3), (2)

where WRI ∈ SO(3) and WpW,I ∈ R3. SE(3) is the
Special Euclidean Group. WRI denotes the rotation matrix
and WpW,I presents the translation vector.

For acoustic measurements, the high-precision WvA ∈ R3

is obtained from the Doppler effect. WpA is estimated by
fusing WvA with onboard gyroscope measurements via DR

pA =
[
pAx ,pAy ,pAz

]⊤
=
[∫

vAx dt,
∫
vAy dt,

∫
vAz dt

]⊤
.

(3)
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qA can be computed given the initial orientation WqI(t0), the
angular velocity ωI , and the quaternion multiplication ⊗

qA = WqI ⊗ IqA, (4)

where
WqI(t) = ∆q⊗WqI(t0),

∆q =

[
cos

(
Λ

2

)
,n sin

(
Λ

2

)]
),

Λ = |ωI |∆t, n =
ωI

|ωI |
.

(5)

B. Nonlinear Filtering and Graph Optimization

1) Nonlinear Filtering: The EKF framework delineates a
nonlinear extension of Kalman filtering in which the state
transition and observation models are defined by [23]

xk = f(xk−1,0) +W k−1,

zk = h(xk) + V k,
(6)

where f(·) is the state transition function and h(·) is the
observation function. xk and zk represent the EKF state vector
and the measurement at the k-th sample point, respectively.
W k−1 is the process noise and V k is the measurement noise.
W k and V k are assumed to be zero-mean Gaussian noises
with covariance Qk and Rk, respectively.

The vehicle state is predicted and updated iteratively. In the
prediction step, the state estimate is predicted as

x̂k|k−1 = f(x̂k−1|k−1,0), (7)

where x̂k|k−1 is the estimate of xk given z1:k−1 =
{z1, z2, . . . ,zk−1}. The predicted covariance estimate is

P k|k−1 = F kP k−1|k−1F
⊤
k +Qk−1, (8)

where

F k =
∂f

∂x

∣∣∣∣
x̂k−1|k−1,0

. (9)

In the update step, the process can be described as

ỹk = zk − h(x̂k|k−1),

Sk = HkP k|k−1H
⊤
k +Rk,

Kk = P k|k−1H
⊤
k S

−1
k ,

x̂k|k = x̂k|k−1 +Kkỹk,

P k|k = (I −KkHk)P k|k−1,

Hk =
∂h

∂x

∣∣∣∣
x̂k|k−1

,

(10)

where ỹk is the measurement residual, Sk is the residual
covariance, Kk is the Kalman gain, x̂k|k and P k|k are the
update estimates of state and covariance.

2) Graph Optimization: The factor graph G(H,X , E) is a
probabilistic model with the factor node ηi ∈ H, the variable
node xj ∈ X , and the edge εij ∈ E that connects ηi to xj [24].
In the sliding window, state variables of multiple frames are
presented by Eq. (1) with K being the window size

X = [x1,x2, . . . ,xK ] ∈ (R3 × SO(3)× R9)K . (11)

To estimate the unknown X , assume that all factors follow

ηi (Xi) ∝ exp

{
−1

2
∥hi (Xi)− zi∥2Σi

}
,

Σi ∈ Sdi++, di = dim(zi) ∈ Z+.

(12)

Then, a nonlinear least-squares optimization problem can be
formulated as

X̂ = argmin
X

∑
i

∥hi (Xi)− zi∥2Σi . (13)

C. Problem Statement

Given an underwater vehicle with onboard sensing, i.e.,
A,V, I,P , we aim to develop a graph-based state estimation
system to provide the reliable estimation of x. The proposed
system is designed as shown in Fig. 2. A dual-framework
mechanism is introduced for multi-modal fusion (see Sec-
tion III-A), and a hierarchical approach is proposed to solve
the localization uncertainties (see Section III-B).

Specifically, the visual and inertial modalities function as a
conventional VINS framework, while the acoustic and pres-
sure modalities serve as an acoustic/pressure (AP) estimator
fusing within the EKF framework. The proposed hierarchical
approach explicitly distinguishes uncertainties at three levels:

• Time-varying noise and non-stationary signals introduce
underwater uncertainties at the measurement level.

• AP estimator exhibits module-level uncertainties, such as
accumulated errors and unsteady estimations [25], [26].

• Factor reliability within the graph quantifies system-level
uncertainties during dual-framework integration.

III. METHODOLOGY

This section outlines the proposed state estimation system,
with a particular focus on UA for underwater applications.
A dual-framework mechanism is first presented to parallelize
multi-modal data and is subsequently optimized through a
factor graph. To enhance the fusion reliability, we describe
a hierarchical uncertainty-aware strategy that addresses mea-
surement, module, and system uncertainties using the dynamic
noise estimation, the deep learning-based refinement, and the
adaptive weighting strategies, respectively.

A. Dual-Framework Multi-Modal Fusion

1) EKF-based AP Integration: The EKF is employed for
the AP estimator due to the highly linear mapping between
the state vector and the sensor observations. Compared to
advanced filters for high nonlinearities and rotational singu-
larities, the EKF provides a computationally efficient solution
for first-order linearization without the overhead of sigma-
point sampling or complex manifold projections [27], [28].
The framework is initialized when the DVL observes a velocity
relative to the sea bottom (see Eq. (3)). Updates are performed
at each DVL timestamp. The temporally closest pressure mea-
surement is identified and incorporated, as the PS frequency
is much higher than that of DVL (see Section IV-A).

The AP state vector in Eq. (6) is defined as xAP =
[x, y, z, ϕ, θ, ψ, vx, vy, vz]

⊤ ∈ R9. Here, ϕ, θ, and ψ are
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Fig. 2: The proposed system architecture is equipped with DVL, stereo camera, IMU, and PS. AP estimator integrates acoustic
and pressure measurements with the IMU based on the EKF framework; The camera combines the IMU to establish the VINS.

the roll, pitch, and yaw angles, respectively. Meanwhile, the
measurement vector zAP ∈ R9 is given by

zAP =
[
Wp⊤

AP ,Wq⊤
AP ,Wv⊤

AP
]⊤

=
[
W pAx ,W pAy ,W pPz , θAϕ , θAθ , θAψ , vAx , vAy , vAz

]⊤
.

(14)
Given Eqs. (6-10), we can conclude that HAPk = ∂h

∂x = I9.
We assume

V APk ∼ N (0,RAPk) , (15)

RAPk = diag(σ2
Ax , σ

2
Ay , σ

2
Pz , σ

2
Aϕ , σ

2
Aθ , σ

2
Aψ , σ

2
Avx , σ

2
Avy , σ

2
Avz ).

Thus, the state update can be described as

x̂APk|k =x̂APk|k−1

+ PAPk|k−1
S−1

APk

(
zAPk − x̂APk|k−1

)
.

(16)

Therefore, EKF is used to obtain AP odometry by fusing DVL
measurements and PS information.

Remark 1. The EKF-based AP measurement model remains
full-rank (9), which preserves the filter observability. For the
depth measurement, the prediction is triggered by vAz , while
the correction is driven by W pPz during the update.

2) VINS-Fusion-based VI Integration: For the VIO frame-
work, the VINS-Fusion is employed to tightly couple the
pre-integrated IMU measurements and visual observations
provided by [8]. The system processes camera images for
feature tracking and IMU data for motion propagation.

IMU measurements are preintegrated between consecutive
keyframes and the raw measurement model is

ãt = at + IRWgW + ba + na,

ω̃t = ωt + bg + ng,
(17)

where ãt and ω̃t are measured acceleration and angular
velocity, at and ωt are real vehicle acceleration and angular
velocity, gW is gravity, na and ng are Gaussian noises [29].
The pre-integration from keyframe bi to bj yields

αbi
bj

=

∫∫
t∈[ti,tj ]

biRt (ât − bat) dt
2,

βbi
bj

=

∫
t∈[ti,tj ]

biRt (ât − bat) dt,

γbi
bj

=

∫
t∈[ti,tj ]

1

2
Ω (ω̂t − bgt) biγtdt,

(18)

where α,β, and γ are increments in position, velocity and
rotation, and Ω(·) is the quaternion kinematics matrix. The
discrete implementation uses the midpoint Euler integration,
with covariance propagation

P bi
bj

= F VIP
bi
bj
F⊤

VI +GVIQVIG
⊤
VI , (19)

where F VI and GVI are Jacobian matrices of the dynamics
and noise, and QVI is the noise covariance of VIO framework.

Visual features are tracked using optical flow across frames.
For a feature first observed in frame ci at normalized co-
ordinates ui = [ui, vi]

⊤, the reprojection in frame cj =
[uj , vj , 1]

⊤ is

cj =
1

zcj
KVITVIjRW

(WRIiVTIcj
λ

+ WpIi −WpIj
)
,

(20)

where KV is the camera intrinsic matrix, ITV and VTI are
extrinsics, λ is the inverse depth, and zcj is the depth in the
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camera frame. Therefore, the VINS estimator is achieved by
minimizing the cost function of the maximum a posteriori [30]

JVI(XVI) = ∥rp −HpXVI∥2 +
∑
k∈B

∥∥∥rB (ẑbkbk+1
,XVI

)∥∥∥2
P
bk
bk+1

+
∑

(l,j)∈C

ρ
(∥∥rC (ẑcjl ,XVI

)∥∥2
P
cj
l

)
.

(21)
Among them, ρ(s) = s if s ≤ 1; otherwise, ρ(s) = 2

√
s− 1.

{rp,Hp} denotes the prior information from marginalization,
rB

(
ẑbkbk+1

,X
)

represents the IMU residual, and rC
(
ẑ
cj
l ,X

)
indicates the visual residual.

3) Factor Graph-based Dual-Framework Optimization:
Corresponding to the dual-framework estimators, i.e., the AP
estimator and the VINS estimator, the sliding window-based
graph optimization is utilized to incorporate the AP factor and
the VINS factor. Table I details the algorithmic parameters.
Similar to Eq. (13), the objective is to minimize cost J (X )

J (X ) =
K∑

k=1

(∥∥rkAP
∥∥2
ΣkAP

+
∥∥rkVI

∥∥2
ΣkVI

)
, (22)

where ∥∥rkAP
∥∥2
ΣkAP

≜ (rkAP)
⊤(Σk

AP)
−1rkAP ,∥∥rkVI

∥∥2
ΣkVI

≜ (rkVI)
⊤(Σk

VI)
−1rkVI ,

(23)

with factor residuals rkAP and rkVI given by

rkAP =

rp,AP
rq,AP
rv,AP

 =

 Wpk
I −Wpk

AP

2 · log
(
Wqk

I ⊗Wqk
AP

−1
)

Wvk
I −Wvk

AP

 ∈ R9,

rkVI =


rp,VI
rq,VI
rg,VI
ra,VI

 =


Wpk

I −Wpk
VI

2 · log
(
Wqk

I ⊗Wqk
VI

−1
)

bk
g − bk

g,VI
bk
a − bk

a,VI

 ∈ R12.

(24)
log(·) is the logarithm map that converts a quaternion to a
minimal rotation vector representation.

For the AP estimation zAP , the state error δx̂AP is defined
as the minimal representation of the perturbation that lives in
the tangent space of the state manifold

δx̂k
AP =

[
δWp⊤

AP , δWθ⊤
AP , δWv⊤

AP , δb
⊤
g , δb

⊤
a

]⊤
, (25)

where θAP =
[
θAPϕ ,θAPθ ,θAPψ

]⊤ ∈ R3 is the equivalent
rotation associated with qAP . Assume rkAP ∼ N

(
0,Σk

AP

)
and the covariance matrix of the AP factor is formulated as

Σk
AP = Jk

AP ·Q
k
AP
(
δx̂k+1

AP | x
k
AP , z

k
AP
)
· Jk

AP
⊤
, (26)

with the Jacobian matrix being

Jk
AP =

∂rkAP
∂xk

(27)

=

 I3 03×3 03×3 03×3 03×3

03×3
∂rq,AP
∂WqI

03×3 03×3 03×3

03×3 03×3 I3 03×3 03×3

 ∈ R9×15.

(28)

TABLE I: Algorithm and Fusion Parameters for UA-AVIP

Category Parameter Value

EKF

Initial State Covariance diag(0.1, 0.1, . . .)
Initial DVL Noise 0.1 m/s
Initial PS Noise 0.01 m

Initial Process Noise 0.01

VINS

Max Tracking Features 250
Min Distance between Features 15 pixels

Accelerometer Noise Density 0.00741 m/s2/
√
Hz

Gyroscope Noise Density 0.00105 ◦/s/
√
Hz

Accelerometer Walk Noise 0.00006 m/s2/
√
Hz

Gyroscope Walk Noise 0.00004 ◦/s/
√
Hz

FGO Sliding Window Size 30
Max Iterations 10

Similarly, for the VINS estimation zVI = [Wp⊤
VI ,Wq⊤

VI ,
b⊤
g,VI ,b

⊤
a,VI ]

⊤ given rkVI ∼ N (0,Σk
VI), the covariance

matrix of the VINS factor is

Σk
VI = Jk

VI ·Q
k
VI
(
δx̂k+1

VI | x
k
VI , z

k
VI
)
· Jk

VI
⊤
, (29)

with the Jacobian matrix being Jk
VI =

∂rkVI
∂δx̂kVI

∈ R12×15.

B. Hierarchical Uncertainty Awareness

1) STFT-based Noise Estimation for Measurement-Level
Uncertainty: For EKF-based AP integration, Q quantifies
the temporal evolution of measurement-level uncertainty [31].
Due to the time-varying noises and non-stationary signals in
underwater environments, the Short-Time Fourier Transform
(STFT) provides time-frequency analysis, which enables the
detection and quantification of real-time noise conditions [32].
In this approach, sensor signals are divided into short and
overlapping windows. A Fourier transform is performed on
each segment to capture dynamic spectral characteristics [33].

For position measurements, at time t and frequency ν, the
STFT can be expressed as

Xp(t, ν) =

∫ ∞

−∞
pAP(τ)w(τ − t)e−j2πντdτ, (30)

where τ is the integration variable representing the time within
the signal, w(τ − t) represents a window function centered
around t. For orientation measurements qAP and equivalent
rotation θAP , the STFT can be computed as follows

Xo(t, ν) =

∫ ∞

−∞
θAP(τ)w(τ − t)e−j2πντdτ. (31)

Based on the STFT results, the power spectral density could
be calculated to describe the frequency content of the noise

Dp(ν) = lim
T→∞

1

T

∫ T/2

−T/2

|Xp(t, ν)|2dt,

Do(ν) = lim
T→∞

1

T

∫ T/2

−T/2

|Xo(t, ν)|2dt.
(32)

where |·|2 denotes the element-wise squared magnitude. Then,
the noise variances in the frequency domain can be estimated.
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Fig. 3: The Transformer architecture for acoustic and pressure refinements consisting of the input layer, the linear layer, the
Transformer encoder and the output layer. Two separate Transformer models are designed for acoustic and pressure estimations.

Assume that sensor measurements follow a white-noise pro-
cess. The noise variances can be approximated as

σ2
p =

∫ ∞

−∞
Dp(ν)dν,

σ2
o =

∫ ∞

−∞
Do(ν)dν,

(33)

where σ2
p =

[
σ2
p,1, σ

2
p,2, σ

2
p,3

]⊤
and similarly for σ2

o. Assume
that the noises affecting position and orientation are uncor-
related. Specifically, the variances are incorporated into the
diagonal elements of the process noise covariance matrix

Q = diag(σ2
p,1, σ

2
p,2, σ

2
p,3, σ

2
o,1, σ

2
o,2, σ

2
o,3). (34)

For practical implementation, discrete sensor signals are
processed using the STFT with a Hann window of 16 samples
for the DVL and 64 samples for the PS, with a 50% overlap.
Prior to the STFT, each signal segment is demeaned to
prevent constant offsets or slow baseline drifts from biasing
the spectral power estimates. Given the sampling frequencies
of 9 Hz for the DVL and 67 Hz for the PS, these parameters
are empirically selected to provide an optimal balance between
time-domain responsiveness to dynamic underwater noise and
sufficient frequency-domain resolution for variance estimation.

2) Transformer-based Localization for Module-Level Un-
certainty: Two Transformer-based models are employed to
refine the acoustic and pressure position estimates [34]. The
model leverages the capabilities of Transformer architectures
to capture temporal patterns and overcome estimator uncertain-
ties. As shown in Fig. 3, the displacements of the DVL DR
estimation and the depth displacements estimated by the PS,
whenever observed, are used as input. The inputs are processed

to generate refined and corrected displacements as the model
output. The input at the k-th sample point is defined as

ςkA = ∆pk
A ∈ RM×3, ςkP = ∆pk

Pz ∈ RN×1, (35)

where ∆p is the displacement. M , N are the sequence lengths.
During training, the ground truth displacement labels the

acoustic model in three directions, denoted as ygt
A ∈ RM×3,

and provides supervision for the pressure model in the z-
direction, denoted as ygt

P ∈ RN×1.
The Transformer architecture comprises an input linear

layer, a multi-layer Transformer encoder, and an output linear
layer. The input linear layer projects the input data into a
higher-dimensional space for processing, as

z0 = Wiς
k + bi. (36)

Wi is the learnable weight matrix of the input layer and bi

denotes the learnable bias of the input projection layer. For
acoustics, WA

i ∈ R3×dm with dm being the hidden dimension
of the Transformer model. Similarly, WP

i ∈ R1×dm . The
Transformer encoder in this work consists of three layers,
each with four attention heads. It is responsible for capturing
temporal dependencies within the input sequence

zl = Tl (zl−1) , (37)

where Tl(·) denotes the l-th Transformer encoder layer. The
output linear layer then maps encoded features back to the
original displacement space as

ŷ = WozL + bo, L = 3, (38)

where zL is the output from the last Transformer layer, Wo

and bo are the weights and biases of the output layer.
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To optimize the model parameters, the mean squared error
loss function is used to quantify the average squared difference

MSEm =


1
M

∑M
i=1

∥∥∥ŷA,i − ygt
A,i

∥∥∥2
2

if m = A,
1
N

∑N
j=1

∥∥∥ŷP,j − ygt
P,j

∥∥∥2
2

if m = P.
(39)

During inference, the refined estimations serve as enhanced
AP estimators and can subsequently be integrated into the EKF
framework for the adaptive AP fusion.

3) Adaptive Weighting Strategy for System-Level Uncer-
tainty: In the FGO framework, an adaptive weighting strategy
is employed to modulate the estimator contributions based on
their statistical uncertainties. This approach leverages the chi-
square distribution to dynamically adjust the weightings at the
system level. The chi-square threshold is computed as

χ2
c,df = Q−1

χ2 (c, df), (40)

where c is the desired confidence level, df is the degrees of
freedom for measurements, and Q−1

χ2 (·) denotes the inverse
cumulative distribution function for the chi-square distribution.

Then, we determine the adaptive standard deviation σ, as

σ = σ0 ·max

(
1,

√
χ2

χ2
c,df

)
, (41)

where σ0 is the nominal standard deviation, χ2 = r⊤(Σ)−1r=
r⊤(σ2I)−1r is the chi-square statistic of r in Eq. (22). It
ensures higher uncertainty of the estimator contributes less to
the dual-framework optimization.

In the event of total visual dropout, such as the feature track-
ing failure or initialization errors, rVI is excluded from J (X )
in Eq. (22), ensuring the FGO relies on the remaining rAP
and ΣAP until visual tracking is restored. The pseudocode of
the adaptive weighting strategy is illustrated in Algorithm 1.

IV. EXPERIMENTS

This section begins with the experimental setup and the
introduction of the remotely operated vehicle (ROV) platform.
Then we describe the training dataset and analyze the training
results. Thereafter, datasets captured in real-world scenarios
including a lab pool, lakes, and oceans, are utilized to evaluate
the performance of the proposed method. Specifically, two
ablation studies are conducted to highlight the contribution of
different UA levels and different sensor configurations. Finally,
quantitative metrics are presented regarding the running time
and memory of individual modules on the embedded platform.

A. Experimental Setup and ROV Platform

To validate the effectiveness and superiority of the proposed
system in the lab pool, an ROV, findROV H20 pro, integrated
with a stereo depth camera, a DVL, an external IMU, and a
PS, is utilized as our experimental platform. Table II specifies
the specifications of the onboard sensing, the ROV, and the
processor. To account for the scattering and absorption in
underwater environments, the intrinsic parameters of the stereo
camera were calibrated underwater for practical applications.
The laboratory pool measures 5 m×4 m×2 m and is shown in

Algorithm 1 Adaptive Weighted FGO-based AVIP Integration

Input: Estimations from AP and VINS factor zAP , zVI
Variance estimates for each factor σAP , σVI
Confidence level cAP , cVI
Degrees of freedom dfAP , dfVI

Output: Optimized state estimates X
1: Initialize factor graph G← ∅
2: for each estimation k do
3: χ2

AP ← r⊤AP(ΣAP)
−1rAP

4: σk
AP ← σAP0

·max
(
1,
√
χ2
AP/Q

−1
χ2 (cAP , dfAP)

)
5: Σk

AP ← σk
AP

2
I

6: G← G ∪ {rkAP ,Σ
k
AP}

7: if estimation is from VINS then
8: χ2

VI ← r⊤VI(ΣVI)
−1rVI

9: σk
VI ← σVI0

·max
(
1,
√
χ2
VI/Q

−1
χ2 (cVI , dfVI)

)
10: Σk

VI ← σk
VI

2
I

11: G← G ∪ {rkVI ,Σ
k
VI}

12: else
13: continue
14: end if
15: end for
16: argmin

X

∑K
k=1

(∥∥rkAP (X )
∥∥2
ΣkAP

+
∥∥rkVI (X )

∥∥2
ΣkVI

)
17: return X

(a) (b)

(c) (d)

Fig. 4: Experimental setups in the laboratory pool environ-
ment. (a) Overhead view of Pool 01. (b) Underwater view
of Pool 01. (c) Overhead view of Pool 02 and Pool 03. (d)
Underwater view of Pool 02 and Pool 03.

Fig. 4. Several storage boxes and stepladders are placed within
the pool for feature extraction. To provide the ground truth,
we set a global camera (1292 × 946 pixel, 17 Hz) above the
pool, following [6]. The global camera detects and tracks the
AprilTag which is rigidly attached to the top of the ROV. The
AprilTag remains above the water surface for all experiments
to ensure reliable tracking. This setup provides a reliable and
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Fig. 5: Results of Transformer training. (a) Comparison be-
tween raw and refined DVL DR for Pool 01. (b) Comparison
between raw and refined DVL DR for Pool 02. (c) Comparison
between raw and refined PS for Pool 01. (d) Comparison
between raw and refined PS for Pool 02.

TABLE II: Hardware Specifications for UA-AVIP

Sensor Model Specification
DVL Water Linked A50 9 Hz
IMU 3DM-CV5-AHRS 67 Hz
PS Blue Robotics Bar30 62 Hz

Camera RealSense D435i 30 Hz
640× 480 pixel

Vehicle FindROV H20 pro 8 thrusters

Processor Intel NUC with Core i5 1.6 GHz
15.5 GB RAM

accurate benchmark for performance evaluation [35], [36].
Table III describes the datasets obtained from different

sources. Pool 01-03 are datasets we collected in the afore-
mentioned lab pool. Lake/Ocean 01-06 are publicly available
datasets captured from natural lakes and oceans [38].
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Fig. 6: Evaluation of datasets for training. (a) Input data and
corresponding covariance of DVL DR. (b) Input data and
corresponding covariance of PS.

TABLE III: Experimental Datasets for Performance Evaluation

Datasets Path Length Max Speed Min Speed
(m) (m/s) (m/s)

Pool 01 24.8289 0.7805 0.0229
Pool 02 12.4366 0.4686 0.0031
Pool 03 11.1678 0.7235 0.0317

Lake/Ocean 01 423.4343 14.7068 0.0014
Lake/Ocean 02 289.5209 16.0242 0.0000
Lake/Ocean 03 207.9788 9.1532 0.0317
Lake/Ocean 04 108.0718 11.1258 0.2358
Lake/Ocean 05 69.9877 8.5199 0.0416
Lake/Ocean 06 11.5323 5.7902 0.0000

TABLE IV: Competing Methods for Underwater Localization

Method Sensor UA LearningDVL Camera IMU PS
DVL DR ✓ × ✓ × × ×
EKF [37] ✓ ✓ ✓ ✓ × ×
FGO [21] ✓ ✓ ✓ ✓ × ×

SVIn2 [14] × ✓ ✓ ✓ × ×
VINS-Fusion [8] × ✓ ✓ × × ×

AVIP ✓ ✓ ✓ ✓ × ×
UA-AVIP ✓ ✓ ✓ ✓ ✓ ✓

B. Dataset Collection and Neural Network Training

As detailed in Section III-B2, the Transformer was utilized
to refine the estimation captured from the DVL and the PS.
The model was implemented using Python on a Linux-based
operating system and ROS Noetic. Training was conducted on
a desktop PC equipped with a 32-core i9-13900K processor.
The datasets for training were obtained by manually operating
the ROV in the pool exclusively under the scenario in Fig. 4(c).

To improve generalization and mitigate overfitting, train-
ing sequences with aggressive maneuvering were augmented,
exposing the deep learning model to dynamic conditions. In
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TABLE V: Performance Evaluation on Self-Collected Real-World Underwater Datasets (Lowest in Bold)

Method DVL EKF FGO SVIn2 VINS-Fusion AVIP UA-AVIPDR [37] [21] [14] [6], [8]

Pool 01
ATE (m) RMSE 2.8906 1.3053 0.5499 0.4165 0.1743 0.0928 0.0439

MAE 2.8892 1.1492 0.5338 0.3836 0.1475 0.0789 0.0381

RTE (m) RMSE 0.1842 0.0645 0.0297 0.6112 0.0720 0.0400 0.0200
MAE 0.1195 0.0332 0.0214 0.4151 0.0370 0.0211 0.0107

Pool 02
ATE (m) RMSE 0.4433 0.3968 0.2702 0.0834 0.2237 0.0769 0.0398

MAE 0.3944 0.3855 0.2642 0.0738 0.1779 0.0694 0.0355

RTE (m) RMSE 0.0384 0.0563 0.0743 0.2576 0.0711 0.0788 0.0106
MAE 0.0294 0.0370 0.0484 0.1341 0.0492 0.0514 0.0071

Pool 03
ATE (m) RMSE 2.5678 1.1675 1.1066 0.2348 0.3130 0.2640 0.1751

MAE 2.5651 1.0124 1.0592 0.2093 0.2919 0.2446 0.1661

RTE (m) RMSE 0.1258 0.0943 0.1232 0.0965 0.0942 0.0887 0.0899
MAE 0.0944 0.0618 0.0727 0.0948 0.0617 0.0610 0.0569

TABLE VI: Performance Evaluation on Open-Source Real-World Underwater Datasets (Lowest in Bold)

Method DVL DR EKF [37] FGO [21] SVIn2 [14]
VINS-

AVIP UA-AVIPFusion
[6], [8]

Lake/Ocean 01
ATE (m) RMSE 9.8261 9.8332 9.7886 N/A N/A 3.3336 2.9138

MAE 9.4723 9.4791 9.4299 N/A N/A 2.6268 2.5144

RTE (m) RMSE 0.3341 0.1613 0.1612 N/A N/A 0.1629 0.1202
MAE 0.1953 0.0685 0.0684 N/A N/A 0.0686 0.0398

Lake/Ocean 02
ATE (m) RMSE 7.7925 7.4563 7.7863 N/A N/A 6.9088 2.1574

MAE 7.5628 7.2529 7.5560 N/A N/A 6.7269 1.7614

RTE (m) RMSE 0.4762 0.3374 0.1672 N/A N/A 0.2151 0.1374
MAE 0.3617 0.3584 0.0935 N/A N/A 0.1098 0.0584

Lake/Ocean 03
ATE (m) RMSE 5.9316 5.5805 5.9291 N/A N/A 4.7927 1.2138

MAE 5.2556 4.8798 5.2533 N/A N/A 4.2505 1.1857

RTE (m) RMSE 0.1442 0.1827 0.3010 N/A N/A 0.1246 0.0738
MAE 0.0986 0.1423 0.2659 N/A N/A 0.0993 0.0463

Lake/Ocean 04
ATE (m) RMSE 1.8976 1.8979 1.7801 N/A N/A 1.0070 0.9905

MAE 1.6537 1.6539 1.5583 N/A N/A 0.9340 0.9186

RTE (m) RMSE 0.1787 0.1786 0.1778 N/A N/A 0.3918 0.1270
MAE 0.0678 0.0677 0.0677 N/A N/A 0.2225 0.0287

Lake/Ocean 05
ATE (m) RMSE 4.2149 4.0927 7.3381 N/A N/A 4.0859 1.2447

MAE 3.8163 3.7126 6.7256 N/A N/A 3.7571 1.1726

RTE (m) RMSE 0.2040 0.1059 0.2466 N/A N/A 0.1901 0.1033
MAE 0.1184 0.0682 0.1905 N/A N/A 0.1146 0.0671

Lake/Ocean 06
ATE (m) RMSE 1.4960 1.4951 1.4959 N/A N/A 0.6140 0.2000

MAE 1.4313 1.4304 1.4312 N/A N/A 0.5530 0.1879

RTE (m) RMSE 0.0212 0.0212 0.0216 N/A N/A 0.0230 0.0211
MAE 0.0177 0.0175 0.0176 N/A N/A 0.0133 0.0077

addition, we included dropout layers and zero-mean Gaussian
noises during the training to reduce feature co-adaptation.
The employed Transformer-based model is lightweight, with
a hidden dimension of 64, a feed-forward dimension of 256,
4 attention heads, and 3 encoder layers. The network was
trained using the Adam optimizer with a learning rate of
0.001, a dropout rate of 0.1, a batch size of 16, and 50
training epochs. The training dataset consists of 3826 samples,
each containing displacement measurements paired with the
corresponding ground truth displacements. Consequently, the
input dimension was defined as 3 for the DVL DR refinement
with an inference frequency of approximately 1 Hz and 1 for
the PS at an inference frequency of approximately 17 Hz.
In addition, the training and evaluation data were separated
at the sequence level to avoid temporal leakage between
adjacent samples. Fig. 5 displays the results of the trained
model for two representative sequences, Pool 01 and Pool 02.
Specifically, Figs. 5(a) and 5(b) show that the learning-based
method helps align acoustic estimations with learned temporal
patterns. Figs. 5(c) and 5(d) show that the model effectively

rejects outliers from the PS. Then, the refined DVL and PS
are intended for fusion into the EKF-based AP integration.
Remark 2. Fig. 6 shows the displacements and covariances of
the collected datasets for training, from which we can clearly
find some outliers. Outliers in the raw data of the PS can
significantly affect the performance of data fusion, which is
the motivation for employing the Transformer in this study.

C. Performance Evaluation and Comparison

To evaluate the performance across different conditions, we
conduct a comparative study using the nine datasets in Ta-
ble III. The performance of the UA-AVIP is compared against
five practical and state-of-the-art (SOTA) methods in Table IV,
including the onboard DVL DR, a baseline EKF [37], a base-
line FGO [21], an underwater SLAM system SVIn2 [14], and
the multi-modal state estimator VINS-Fusion [8]. Additionally,
the AVIP system without the UA technique is also evaluated.
The root mean square error (RMSE) and the mean absolute
error (MAE) of the absolute trajectory error (ATE) and the rel-
ative trajectory error (RTE) are computed separately [39]. ATE
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Fig. 7: Performance evaluation on Pool 01. (a) Trajectory comparison between our proposed and SOTA systems. (b) Position
estimation of our proposed and SOTA systems. (c) Orientation estimation of our proposed and SOTA systems.
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Fig. 8: Performance evaluation on Pool 02. (a) Trajectory comparison between our proposed and SOTA systems. (b) Position
estimation of our proposed and SOTA systems. (c) Orientation estimation of our proposed and SOTA systems.

is employed to evaluate the global consistency of estimated
trajectories, while RTE quantifies the local accuracy [40].

1) Performance Evaluation on Datasets Pool 01-03: For
experiments in the lab pool, we develop two distinct real-world
scenarios, as depicted in Figs. 4(a) and 4(c). Table V presents
the quantitative performance of the evaluated localization
methods. The proposed UA-AVIP, which incorporates UA,
achieves the lowest ATE in all cases. It demonstrates the
superior accuracy in trajectory estimation. The AVIP system
(Ours w/o UA) exhibits a reduction in ATE and outperforms
existing SOTA methods. The results underscore the effec-
tiveness of the proposed dual-framework multi-modal fusion.
Among the evaluated methods, DVL DR exhibits the highest
ATE, followed by EKF and FGO. While SVIn2 and VINS-
Fusion are competitive in pool sequences, UA-AVIP achieves
RMSE ATE reductions ranging from 25.43% to 74.81%.
Furthermore, UA-AVIP exhibits the lowest RTE across nearly
all metrics and maintains the local consistency. Compared

to SVIn2 which exhibits substantial local drifts, UA-AVIP
effectively suppresses RMSE RTE from 6.84% to 96.73%.

Qualitative estimations are depicted in Figs. 7-9.
Figs. 7(a), 8(a), and 9(a) present the trajectories estimated on
the pool sequences. Among them, the red curve represents
the trajectory obtained from the proposed UA-AVIP system,
which aligns with the ground truth trajectory. As observed in
Figs. 7(b), 8(b), and 9(b), SVIn2 exhibits a larger position
error in the z-direction compared to the x and y directions.
On the other hand, the position errors of VINS-Fusion
accumulate over time across all directions. The results
illustrated in Figs. 7(c), 8(c), and 9(c) indicate that UA-AVIP
provides robust orientation estimation. Specifically, for the
yaw angle, Fig. 10 demonstrates our estimation aligns closely
with the ground truth. Within the proposed system, yaw drift
is actively managed through multi-modal constraints with
complementary orientation corrections, alongside hierarchical
UA, which ensures orientation noise estimation and adaptive
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Fig. 9: Performance evaluation on Pool 03. (a) Trajectory comparison between our proposed and SOTA systems. (b) Position
estimation of our proposed and SOTA systems. (c) Orientation estimation of our proposed and SOTA systems.
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Fig. 10: Orientation evaluation over time on Datasets Pool 01-03. (a) Pool 01. (b) Pool 02. (c) Pool 03.

factor weighting. Notably, the yaw estimation exhibits higher
accuracy than the roll and pitch angles. This discrepancy may
be attributed to a minor physical misalignment between the
AprilTag and the vehicle frame during installation. Despite
this systematic bias, UA-AVIP precisely tracks dynamic
motion trends. As shown in Figs. 7(c) and 10(a), even roll
angles vary greatly, UA-AVIP maintains high consistency
with the ground truth and outperforms competing methods in
capturing rapid orientation changes.

2) Performance Evaluation on Datasets Lake/Ocean 01-03:
Table VI reports the performance of the methods evaluated
in six open-source lake and ocean datasets. In particular,
both SVIn2 and VINS-Fusion fail to generate valid trajec-
tories in the lake/ocean scenarios due to the lack of visual
measurements in natural sequences. In contrast, the proposed
UA-AVIP demonstrates robust applicability with the lowest
localization error across all sequences. Additionally, AVIP
significantly improves localization performance, particularly in

the challenging Lake/Ocean 01 sequence, achieving an RMSE
ATE of 3.3336 m and an MAE RTE of 0.0686 m over a
trajectory length of 423.4343 m. Traditional approaches, such
as DR, EKF, and FGO, exhibit higher RMSE values ranging
from 1.4951 m to 9.8332 m for ATE and from 0.0212 m
to 0.4762 m for RTE. For example, on the Lake/Ocean 03
sequence, UA-AVIP achieves an RMSE ATE of 1.2138 m
compared to 5.9291 m for FGO, representing an improvement
of around 79.53%, and an MAE RTE of 0.0463 m against
0.1423 m for EKF, a 67.46% reduction in error. The results
underscore the superiority of UA-AVIP in complex open-water
environments, where existing visual SLAM systems fail and
conventional methods are prone to significant drift.

D. Ablation Study

In UA-AVIP, multi-level uncertainty is first taken into ac-
count during the integration of acoustic, visual, inertial, and
pressure data. To validate the performance of the proposed
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TABLE VII: Ablation Study for Different Sensor Setups (Lowest in Bold)
Sensor Setup Pool 01 Pool 02 Pool 03

IMU Camera DVL PS ATE (m) RTE (m) ATE (m) RTE (m) ATE (m) RTE (m)
RMSE MAE RMSE MAE RMSE MAE RMSE MAE RMSE MAE RMSE MAE

✓ ✓ × × 0.1743 0.1475 0.0720 0.0370 0.2237 0.1779 0.0711 0.0492 0.3130 0.2919 0.0942 0.0617
✓ ✓ × ✓ 0.1398 0.1190 0.2280 0.0201 0.1391 0.1091 0.0719 0.0463 0.1918 0.1783 0.0988 0.0623
✓ × ✓ ✓ 0.0451 0.0390 0.0698 0.0480 0.0400 0.0357 0.1166 0.0880 0.1995 0.1854 0.2432 0.1894
✓ × ✓ × 0.0732 0.0635 0.0548 0.0252 0.1114 0.0999 0.1730 0.1306 0.2091 0.1950 0.0995 0.0607
✓ ✓ ✓ × 0.0465 0.0409 0.0399 0.0211 0.1087 0.0966 0.0664 0.0432 0.2078 0.1955 0.0958 0.0657
✓ ✓ ✓ ✓ 0.0439 0.0381 0.0200 0.0107 0.0398 0.0355 0.0106 0.0071 0.1751 0.1661 0.0899 0.0569

TABLE VIII: Ablation Study for Different Levels of Uncertainty Awareness (Lowest in Bold)
Uncertainty Awareness Pool 01 Pool 02 Pool 03
M. Mod. Sys. ATE (m) RTE (m) ATE (m) RTE (m) ATE (m) RTE (m)

Level Level Level RMSE MAE RMSE MAE RMSE MAE RMSE MAE RMSE MAE RMSE MAE
× × × 0.0928 0.0789 0.0400 0.0211 0.0769 0.0694 0.0788 0.0514 0.2640 0.2446 0.0887 0.0610
✓ × × 0.0696 0.0596 0.0316 0.0127 0.0721 0.0647 0.0714 0.0502 0.1998 0.1872 0.0833 0.0606
× ✓ ✓ 0.0677 0.0576 0.0294 0.0178 0.0423 0.0377 0.0356 0.0126 0.2114 0.1969 0.0855 0.0639
✓ × ✓ 0.0662 0.0568 0.0290 0.0171 0.0592 0.0530 0.0443 0.0184 0.1990 0.1872 0.0814 0.0519
✓ ✓ × 0.0646 0.0569 0.0209 0.0213 0.0520 0.0404 0.0375 0.0163 0.1988 0.1865 0.0959 0.0659
✓ ✓ ✓ 0.0439 0.0381 0.0200 0.0107 0.0398 0.0355 0.0106 0.0071 0.1751 0.1661 0.0899 0.0569

Abbreviations: M. Level (Measurement Level), Mod. Level (Module Level), Sys. Level (System Level).

TABLE IX: Ablation Study for Transformer Refinements

Transformer
Pool 01 Pool 02 Pool 03

ATE (m) ATE (m) ATE (m)
RMSE MAE RMSE MAE RMSE MAE

OFF 0.0662 0.0568 0.0592 0.0530 0.1990 0.1872
ON 0.0439 0.0381 0.0398 0.0355 0.1751 0.1661

algorithm, three ablation studies are performed on (1) the
sensor configurations, (2) the hierarchical uncertainties and (3)
the Transformer contribution. Specifically, the first compares
the contributions of different sensor setups, while the second
involves the removal of certain UA sub-models. The third
separates the contribution of the refinement module from other
UA components. Noted that Lake/Ocean datasets only include
DVL and IMU measurements, which disable VI estimations.
Therefore, ablation studies are performed using Pool datasets.

1) Localization with Different Sensor Setups: We study
how different sensor setups affect the system performance. To
isolate the effect from uncertainty, in this section, all levels
of uncertainty-aware modules are fully integrated into the
localization system. Table VII presents a comparative analysis
of localization accuracy with and without the integration of
visual odometry, acoustic odometry, and pressure information.

The results indicate that the combination of all sensors
yields the lowest error across all sequences. This suggests
that the integration of multiple modalities significantly en-
hances the localization accuracy. The inclusion of the DVL,
particularly when paired with the IMU, substantially reduces
localization errors compared to the absence of the DVL in
most cases. Furthermore, the integration of the water-pressure
results in a modest enhancement in performance.

2) Localization with Different Levels of Uncertainty Aware-
ness: We investigate the impact of different levels of uncer-
tainty on pose estimation accuracy using the proposed method.
Specifically, sub-models at the measurement, module, and
system levels are independently evaluated.

For quantitative analysis, the RMSE and MAE of the ATE
are computed. As shown in Table VIII, each level indepen-
dently contributes to the performance improvements, whereas
the combination of all uncertainty levels results in the lowest
ATE. It shows that incorporating hierarchical UA is crucial for
underwater localization. In addition, there is a notable reduc-
tion in errors when measurement and module-level awareness
are both active. It indicates that the Fourier transform and deep
learning enhance performance when combined.

3) Effectiveness of the Transformer-Based Refinement:
To explicitly validate the contribution of the module-level
UA, we conduct a targeted control comparison to isolate
the Transformer-based AP refinement. In this ablation study,
the localization performance is compared with the refinement
module enabled (ON) and disabled (OFF). When disabled, the
proposed system relies purely on raw DVL DR and pressure
measurements without deep learning refinement.

The comparison demonstrates a consistent accuracy en-
hancement when the Transformer refinement is active, shown
in Table IX. For instance, in the longer Pool 01, the RMSE
ATE reduces from 0.0662 m to 0.0439 m, and the MAE
ATE from 0.0568 m to 0.0381 m. Similar error reductions are
observed in Pool 02-03. The experimental results demonstrate
that by providing the FGO with refined AP estimations, the
localization errors during the global optimization can be sig-
nificantly reduced, particularly for the long-duration mission.

E. Computation Cost Analysis
The lab experiments were performed on an embedded com-

puter equipped with an Intel i5-8259U CPU @ 1.6 GHz, 15.5
GB RAM. To evaluate computational efficiency, we recorded
the average running time, frequency, and memory consumption
of different modules using datasets Pool 01-03.

Table X shows that the AP estimation operates at 4−5 Hz,
which is synchronized with the DVL DR frequency. Since
the VI estimation operates at a higher frequency, the AP esti-
mations are interpolated to temporally align with the camera.
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TABLE X: Computation Cost of Our Proposed Method

UA Module Latency Memory
(ms) (MB)

STFT-based Noise Estimation 1.46 122.21
Transformation-based Localization 825.95 510.88

Adaptive Factor Weighting 0.97 89.76

Localization Module Frequency Memory
(Hz) (MB)

AP Estimation 4.53 61.01
VI Estimation 14.77 91.21

Dual-Framework (Pose Output) 14.97 137.04

Consequently, the FGO is triggered at the VINS update rate.
The dual-framework mechanism integrates interpolated AP
factor alongside VINS factor, performing joint optimization
whenever the EKF framework receives AP updates. This
graph-based optimization achieves a pose output frequency of
14.97 Hz and a memory usage of 137.04 MB, ensuring the
real-time localization for closed-loop navigation and control.

For the UA module, the measurement and system-level
modules indicate lightweight computations, serving as local
and global adjustment steps, respectively. In contrast, the
module-level processing requires more time and memory
due to the incorporation of a Transformer-based architecture,
resulting in an end-to-end latency of 825.95 ms on the CPU-
only platform. To prevent this latency, the proposed system
propagates the vehicle state in real-time while waiting for the
UA module. Once computed, UA updates are applied as a
posteriori corrections. With the availability of additional GPU
resources in the future, the running time and memory usage
are expected to decrease substantially.

V. CONCLUSION

This work focuses on the multi-modal fused underwater
localization accounting for hierarchical uncertainties. A robust
and accurate state estimation system named UA-AVIP is
proposed by integrating acoustic, visual, inertial, and pressure
information. The uncertainties in sensor measurements, odom-
etry estimates, and nonlinear optimization are investigated in
the proposed UA-AVIP. We conducted extensive experiments
in the pool, lakes, and oceans. Qualitative and quantitative
results prove that UA-AVIP outperforms other SOTA sys-
tems with more precise localization in complex underwater
environments. Future work will focus on collecting more
complex real-world data and developing advanced filters under
minimally controlled conditions. Furthermore, based on the
reliable state estimates, we also aim to introduce learning-
based path planning algorithms for obstacle avoidance in
unstructured terrains that bridge localization and planning.
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